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REMARK ON FOURIER-STIELTJES TRANSFORMS
OF CONTINUOUS MEASURES

BY

DONALD E. RAMIREZ (CHARLOTTESVILLE, VIRGINIA})

In a paper by Hartman and Ryll-Nardzewski [2], the following
question is asked: can a continuous measure p have its Fourier-Stieltjes
transform 2 such that |z|> &> 0 on a set H which is not a Sidon set.
The answer was shown by Kaufman [3] to be yes. Here* an explicit
example is constructed.

Let B = {m}p, be a lacunary subsct of the non-negative integers
with ng />3, k=1,2,... Let F ={n;tn;:i>j4j=1,2,...}
and H = F v —F. A simple argument (see [4], p. 621, or [1], p. 52)
shows that the characteristic function y,; of H has the properties:

(1) zyecl(M(T)"} (closure in sup-norm, 7T the circle group),

(2) the von Neumann mean #(yy) of 4, is zero, and

(3) H is not a Sidon set.

Indced, letting pe M (T) be the continuous measure given by the
Riesz product

o0 .
n (1 4 cosa),
k=1
we infer that
(20— 2mg)* = Lok

(mp denotes the Haar measure of T); and given ¢ > 0, there exist #n and
m such that

H0(45— domg) —2(24— 200p)" 1" — 2 il < €.

* This research was supported by GP-3 1483X.
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